Among all C 1 -algebras we characterize those which are algebras of smooth functions on smooth separable Hausdor manifolds.
by an m-tuple of real polynomials (p 1 ; : : : ; p m ) can be interpreted as a mapping A(p) : A n ! A m in such a way that projections, composition, and identity are preserved, by just evaluating each polynomial p i on an n-tuple (a 1 ; : : : ; a n ) 2 A n .
A C 1 -algebra A is a real algebra in which we can moreover interpret all smooth mappings f : R n ! R m . There is a corresponding map A(f) : A n ! A m , and again projections, composition, and the identity mapping are preserved.
More precisely, a C 1 -algebra A is a product preserving functor from the category C 1 to the category of sets, where C 1 has as objects all spaces R n , n 0, and all smooth mappings between them as arrows. Morphisms between C 1 -algebras are then natural transformations: they correspond to those algebra homomorphisms which preserve the intepretation of smooth mappings. This de nition of C 1 -algebras is due to Lawvere 2] , for a thorough account see Moerdijk- Reyes 3] , for a discussion from the point of view of functional analysis see 1]. In 1], 6.6 one nds a method to recognize C 1 -algebras among locally-m-convex algebras.
2. Theorem. Let A be a C 1 -algebra. Then A is the algebra of smooth functions on some nite dimensional paracompact Hausdor second countable manifold M if and only if the following conditions are satis ed:
(1) A is point determined ( 3], 4.1), so A can be embedded as algebra into a power Q x2X R of copies of R. Equivalently the intersection of all ideals of codimension 1 in A is 0. P. MICHOR, J. VAN ZURA (2) A is nitely generated, so A = C 1 (R n )=I for some ideal I C 1 (R n ).
(3) For each ideal m x of codimension 1 in A the localization A mx is isomorphic to the C 1 -algebra C 1 0 (R m ) consisting of all germs at 0 of smooth functions on R m , for some m. Proof. By condition (2) A is nitely generated, A = C 1 (R n )=I; so by 3], 4.2 the C 1 -algebra A is point determined (1) if and only if the ideal I has the following property: 
